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Question 1  (*%)

Solve the equation

2x—4 — 7

giving the answer in the form k + In/k , where k is an integer.

Question 2 (*%)

A new antibiotic is tested by spraying it on a lab dish covered in bacteria.

Initially 12000 bacteria were placed on the dish and 24 hours later this number has
fallen to 2000 .

The number of bacteria N on this lab dish reduces according to the equation

N=Ae™ t>0,

where ¢ is the time in hours since the bacteria were first placed on the dish and, A and
k are positive constants.

a) Show that k =0.07466, correct to 4 significant figures.

b) Find the value of ¢ when the bacteria will reach 1000.
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Question 3  (*%)

Find, in exact form where appropriate, the solution of each of the following equations.
a) e’ =9
b) In(4-y)=2

¢) Int+In3=1In12

x=In3

9

,ly=4-e?=-339|, [t=4

Question 4  (*%)

A preservation programme, for elephants in Africa, was introduced 8 years ago. The
elephants were then released to the wild. Let ¢ be the number of years since the start of
the programme.

The population of elephants P, is given by

P=400e2""Y ;>0
Assuming that P can be treated as a continuous variable, find ...
a) ... the number of elephants when the programme started.

b) ... the number of elephants released to the wild.

¢) ... the value of ¢ when the number of elephants will reach 1000.

t=19|

205/, [400

b 9 b
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Question 5 (*%)

The value £ V' of a certain model of car, ¢ years after it was purchased, is given by
V=Be™ >0

where B and k are positive constants.

The value of the car when new was £21000 and after five years it dropped to £5000 .

Find the value of B and the value of % .

|B=21000], |k = 0.2870]

b
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Question 6  (*%)

A curve has equation

y= A,
where A and k are non zero constants.
The curve passes through the points (0,4) and (12,16).

a) Find the value of A and the exact value of k.

b) Determine the value of y when x =30

e ‘ 4 5 @ ly= (o)
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Question 7  (¥%)

A cup of coffee is cooling down in a room.

The temperature 7 °C of the coffee, ¢+ minutes after it was made is modelled by

_t
T =20+50e 15, 120.
a) State the temperature of the coffee when it was first made.
b) Find the temperature of the coffee, after 30 minutes.

¢) Calculate, to the nearest minute, the value of # when the temperature of the
coffee has reached 35°C.

=70

, |26.8°C|, [t =18

9

Question 8  (**+)

Find, in exact form where appropriate, the solution of each of the following equations.
a) 4-3e" =3

b) In(2w+1)=1+In(w-1)

[ [r=-1m3=-0549], |w= etl 513
2
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Question 9 (**+)

A microbiologist models the population of bacteria in culture by the equation

P=1000-950¢ 2", 1>0
where P is the number of bacteria in time ¢ hours.
a) Find the initial number of bacteria in the culture.
b) Show mathematically that the limiting value for P is 1000.

¢) Find the value of + when P =500.

Ry =50|, [r~1.28

Question 10  (¥*+)
It is given that

Iin16-21n8=
4ln16 3ln8_kln2.

Determine the value of k.
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Question 11 (**+)

The function f is given by

f(x)=4-In(2x-1), xe R, x>1.

a) Find an expression for f~'(x), in its simplest form.
b) Find the exact value of ff (1) .

¢) Hence, or otherwise, solve the equation f (x)= ff(1).

(%)=

(1+e7). [ (1) =4-1n7]. [x=4

=

Question 12 (**%)

Find, in exact form where appropriate, the solution of each of the following equations.
a) erJrl — 4

b) In(4y+1)=2

¢ 2Inr+In3=1In(5t+2)
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Question 13 (**%)

Find, without the use of a calculating aid, the solution of the equation
xIn9+In28=1In12+ xIn49

giving the answer as an exact fraction.

=

Question 14  (¥%%)

Rearrange each of the following equations for x.

a) y=In(x-2)+3, xeR,x>2

b) y=%(e"*+3)

x=e"+2|, [x=4+In(2y-3)
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Question 15 (**%)

A liquid is cooling down and its temperature € °C satisfies

t

6=20+30e 20 >0

where ¢ is the time in minutes after a given instant.

Find the value of r when the temperature of the liquid has reduced to half its initial
temperature.

=358

b

oI
0= 204 et
W teo Gumap)
T= 20+ 30

= 20+ 3oxl

6= so

INTIAL Tf@ATURE 1S SO°C 1€ —HAF THe nMac ThuPRRATIPE 18 25T

=
= 5= 20+ 3=t
s

L
G

= 5= St

Created by T. Madas



Created by T. Madas

Question 16  (**%)

A car tyre develops a puncture.

The tyre pressure P, measured in suitable units known as p.s.i., ¢ minutes after the
tyre got punctured is given by the expression

P=8+32¢",1>0,
where k is a positive constant.
a) State the tyre pressure when the tyre got punctured.
The tyre pressure halves 2 minutes after the puncture occurred.
b) Show that k =0.4904, correct to 4 significant figures.
¢) Calculate the time it takes for the tyre pressure to drop to 12 p.s.i.

d) Find the rate at which the pressure of the tyre is changing one minute after the
puncture occurred.

P=40], [t=4.24

, |[-9.61 p.s.i/min

b b
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Question 17  (**%)

The population P, in thousands, of a colony of rabbits in time ¢ years after a certain
instant, is given by

P=5+ae™”, 120
where a and b are positive constants.

It is given that the initial population is 8 thousands rabbits, and one year later this
population has reduced by 2 thousands.

a) Find the value of a and the value of b.

b) Explain mathematically, why the population can never reach 1000, according
to this model.

la=3|, |b=1n3|

b
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Question 18  (**%)

f(x)=4e" xeR
g(x)=x+2, xeR

a) Find an expression for gf (x).

b) State the range of gf (x).

©) Solve the equation gf (x)= g :

gf(x)=4e"+2|, |gf(x)>2|, [x=In3

Question 19  (¥%%)

Simplify the following expression, giving the final answer in the form kIn3, where k
is an integer.

2In9—In6—4In/3 +In2
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Question 20  (**%)

Rearrange each of the following equations for x.
a) y=1-2¢"

b) y=2-In(x+1), x>-1

¢) y=+ve'=2, x>In2
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Question 21 (**%)

A hot drink is cooling down in a room.

The temperature 7 °C of the drink, # minutes after it was made is modelled by

1
T=22+50¢ ¢, 120.

a) State the temperature of the drink when it was first made.

b) Assuming the drink is not consumed ...

i. ... calculate, to the nearest minute, the value of ¢+ when the temperature of
the drink has reached 40°C.

ii. ... determine the value of 7, when the drink is cooling at the rate of
2.5°C per minute.

T =72, |t=8 min|, |T =42

b
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Question 22  (¥*%4)

Solve the equation

lnx=i+1, x>0,
In x

giving the answers in exact form.

Question 23  (¥*%4)

A population P is decreasing according to the formula
P=Ae™, 120

where A and k are positive constants and ¢ is the time in years since the population
was 10000.

Ten years later the population has reduced to 5000.

Find the value of ¢+ when the population reaches 1000.
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Question 24  (**%4)

Find in exact form the solution of the equation

In(x? ~2x—8)=1+In(x? —6x+8).

2e +2
X =
e—1

Question 25  (¥*%4)

The volume of water in a tank V m?>, ¢ hours after midnight, is given by the equation

L
V=10+8¢ ', 1>0.
a) State the volume of water in the tank at midnight.

b) Find the time, using 24 hour clock notation, when the volume of the water in
the tank is 14 m>.

¢) Determine the rate at which the volume of the water is changing at midday,
explaining the significance of its sign.

d) State the limiting value of V .

V =18|, [08:19

, _3_2e ~—(.245, decrease|,|t —> o0, V —10

b 9
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Question 26  (**%+4)

Find the exact solution of the simultaneous equations
e'+e’ =8

2e"+e?Y =16.

x=In6|, |y=In2

Created by T. Madas



Created by T. Madas

Question 27  (**%4)

A curve has equation
y=Aln(Bx), x>0
where A and B are positive constants.

a) Given the curve passes through the points with coordinates (3,0) and (6,1)
find the exact values of A and B.

2

A different curve has equation y = y,e ~*, where is a constant.
q Y=Yo Yo

n
b) Show clearly that x =1n (&j , where n is a constant to be found.
y
1 1 1
A=—/|, |B==%|, |[n==
In2 3 2
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Question 28  (**%4)

Make x the subject in each of the following expressions.

0.2(x—1
a) y=ype (x-1).

b) y=ln | x>1.
x—1

x=1+51n(l) ,lx=1+4e
Yo

Question 29  (¥**%4)

Determine, in exact simplified form where appropriate, the solution of each of the
following equations.

a) 2In54—xIn3=Inl12
b) e>7+5=32

¢ In(1-2w)=1+Inw

1
x=5|,|y=-In3|, wzﬁezO.ZIZ

Created by T. Madas



Created by T. Madas

Question 30  (***+)

Show that x =—In2 is the only real solution of the equation

de e =0,
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Question 31  (**%4)

The figure above shows the curves with equations
y=Inx, x>0 and y=2In(x—6), x>6.

The curves cross the x axis at the points A and B respectively, and intersect each
other at the point C.

a) Write down the coordinates of A and B.

b) Determine the exact coordinates of C.

A(1,0)|, |B(7,0)|, | B(9,21n3)
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Question 32  (**%4)

Find the exact solution of the following equation

x=ln2|

9

Question 33  (¥*%4)

Show clearly that

51n(%)+2ln(%)—[51n(%)+21n(

W[

)J =3(Ina—Inb)

where aand b are integers to be found.
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Question 34  (**%4)

A curve has equation

y=Inx+4x, x>0.
The points A and B lie on this curve, where x = 7 and x= %, respectively.

Show that the gradient of the straight line segment AB is 4+4In2.

proof
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Question 35  (**%4)

The functions f(x) and g(x) are defined
f(x)=4+Inx, xeR, x>0
g(x)= ex’, xeR.
a) Find an expression for f ' (x).
b) State the range of f ' (x).

¢) Show that x =+/e is the solution of the equation fg (x)=6.

Fx)=e"*, [ (x)>0
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Question 36  (**%4)
Find, in exact simplified form, the solution of each of the following equations.
0504 24
a) 1-25¢ "' = 55 -

b) In(e —5x)=1+In(5x—¢).
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Question 37  (**%4)

The value, £V, of a painting is modelled by the equation

V =600+200In(27+1), 20

where ¢ is the number of years since the painting was purchased.
Determine...
a) ... the value of the painting when it was first purchased.
b) ... the value of ¢ when the value of the painting doubles.

¢) ... the rate at which the value of the painting is increasing twelve years after it
was purchased.

v =600|, |t ~9.54

, |£16 per year

b

Question 38  (¥**+)

Find, in exact form where appropriate, the solutions of the equation

x=0, x=In4
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Question 39  (**%4)

The function f (x) is given by
f(x)=3e*"-4, xeR.
a) State the range of f(x).
b) Find an expression for f ' (x).

¢) Find the value of the gradient on ' (x) at the point where x=0.

f(x)>—4 ,

Question 40  (¥**4)

Find the solution of the following simultaneous equations

e2x+4 —ey

Iny=4x+6.
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Question 41  (**%4)

The functions f(x) and g(x) are defined
f(x)= x> —-10x, xe R
g(x)=e"+5, xeR.
a) Find, showing all the steps of the calculation, the value of g(3In2).
b) Find, in its simplest form, an expression for fg(x).
¢) Show that g(2x)— fg(x)=k , stating the value of the constant k .

d) Solve the equation gf (x)=6.

g(3In2)=13|, | fg(x)=e**-25|, [k=30], [x=0,10
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Question 42 (**%4)

The figure above shows the graphs of the curves with equations

y=2¢ " and y=e'—1.

The two graphs intersect at the point P .

Determine the exact coordinates of P .

[ ] |p(mn21)
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Question 43  (**%4)
During a chemical process the mass of a substance, m kg, at time ¢ hours grows

exponentially according to the formula
m=20e"9%1>0.
a) Find the time taken for the substance to increase to three times its initial mass.

b) Calculate the rate of change of m , when m =100.

, [t=50In3=54.93 hours|, |[— =2
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Question 44  (**%4)

The half life of a radioactive isotope is the time it takes for a given mass to reduce to
half the size of that given mass.

A radioactive substance reduces from 12 g to exactly 10.24 g in 30 days.

Assuming that the isotope decays exponentially, determine the half life of the isotope,
correct to the nearest day.

1o ~EEr
= 2= s(i\“é)r
— = G
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Question 45  (¥¥¥¥)

A curve has equation
y=In(Ax+B), x>0,
where A and B are non zero constants.

The curve passes through the points P(2,In3) and Q(4,In27).

a) Find the value of A and the value of B.

b) Show that the equation of the straight line through P and Q can be written as

y=(x—1)In3.

lA=12], |[B=-21]

9

(@ (2= 3= bizaty)
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Question 46  (¥*¥%¥)

Find, in exact simplified form, the solution of each of the following equations.
a) e =2e¢.

b) In(2y—1)=1+In(e—-y).

Question 47  (¥¥¥¥)

Find, in exact form if appropriate, the solution of the following simultaneous equations
x+e’ =5

In(x+1)°=2y.

|| lx=2],[y=n3
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Question 48  (¥*¥¥)

The function f is defined as

f(x)=aln(bx), xe R, x>0

where a and b are positive constants.

a) Given that the graph of f (x) passes through the points (%,O) and (3,4), find

the exact value of a and the value of b .

b) Solve the equation

b=3

, x:27|

In3|’
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Question 49  (¥¥¥¥)

YA

> X

The figure above shows the graph of the curve with equation
y =4—x+21n(x—1) , x>1.

The point A is the maximum point of the curve and the point B lies on the curve
where x=35.

a) Find the coordinates of A and B.
The points C and D lie on the x axis directly below the points A and B, respectively.

b) Show that the area of the trapezium ABDC is 6In2 square units.

A(3,1+21In2),B(5,~1+41n2)
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Question 50  (¥¥¥¥)

An area is to be replanted with eucalyptus trees after a large fire.
The height, H m, of one such tree is given by the formula
H=25-24¢%" 1>0,
where ¢ is the time in years since the tree was planted.
a) State the height of a newly planted tree.
b) Find the height of a tree, after 2 years.

¢) Calculate, to the nearest integer, the value of + when the height of a tree has
reached 80% of its eventual height.

,|Hy=1m]|,
0

H=535m

, [E=16

\ A
A= et w0 e 2
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Question 51  (¥¥%%)
A radioactive substance decays so that its mass, m kg, at time ¢ years from now,

satisfies the exponential equation
m=400e 0% 1>0.
a) Find the time it takes for the substance to halve its mass.

b) Determine the exact value of ¢+ when the radioactive substance is decaying at
the rate of 5 kg per year, giving the answer in terms of In2.

t=20In2=13.86 years|, |t=40In2

Question 52 (¥¥¥¥)

It is given that

In3—-In2
xX=—.
1+In3

Show clearly that x is the solution of the equation

2x3" =3%xe™".

, |proof

oW THE €saTioN

s T o B

\
= bh(=x2) = l(axe®)
= 2+ b3 I+ bt
= b2 +ahz « W3 -
= xtah3 = W3 -l
= 2Cba) = W3- b2

—_ x = li-b2

| 4 W3
———n,
//muwﬂo
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Question 53  (¥¥¥¥)

Find, in exact form where appropriate, the solutions of each of the following equations.

a) 21n56—[1n168—ln(%ﬂ =xIn2.

b) e’3%=3.

o Moy 1<cycs,

NIN

[ ].[x=3]. |[y=(1-¢)In3|, [w=e

b ass

Question 54  (¥#%*)

f(x)=In(4x), xe R, x>0.

Find, in exact simplified form, the solution of the equation

F(x)+f(2?)+ £ () =6.

[ L«

=

'{@ <l =ve

TIDVING. 0P T (uATIcR
=6+ {62y 4 {) =<
= b+ b@2) + h@) =€
= Wl ki) -5
= L) = ¢
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Question 55  (¥¥¥¥)

Water is heated in a kettle which is kept in a kitchen. The kitchen is kept at a constant
temperature, 7j,.

The temperature, T °C, of the water in the kettle satisfies
T=95-75¢", t>0,
where ¢ is the time in minutes since the kettle was switched on.
a) Find the time it takes for the water in the kettle to reach a temperature of 85 °C.

b) Determine the initial rate of the temperature rise of the water in the kettle.

Once the water has reached a temperature of 85 °C the kettle is switched off and is
allowed to cool. Its temperature is now given by

T=15+Ae ", >0,

where A and k are positive constants, and # now represents the time in minutes since
the kettle was switched off.

¢) Find the value of A.

d) State, with a reason, the constant temperature of the kitchen, 7j,.

, |t =2.01 minutes|, |75°C/min|, |[A=70|, |T, =15
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Question 56  (**¥¥)
f(x)= ln(5x2 +9x+5), xeR.
Show that the statement
“ f(x) is positive for all real values of x”

is in fact false.
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Question 57  (¥*¥%¥)

y=2+3e" P

y:_1+ex+3

The figure above shows the graphs of

y=2+3e* and y=-l+e"".
The graphs meet at the point P .

Show that the y coordinate of P is

2e3+3
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Question 58  (¥¥¥¥)

Find, in exact form where appropriate, the solution for each of the following equations.

a) 2lnx=In(4x+12).

b) 3e’+2e 7 =7.

¢c) —=e.

x=6, x£-2

,[y=In2,-In3|, |t =——F

Created by T. Madas
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Question 59  (¥¥¥¥)

When hot cooking oil cools down, its temperature, 7 °C, is related to the time, ¢
minutes, for which it has been cooling, by the formula

T =20+160e %", t>0.

a) Sketch the graph of T against 7, clearly marking its asymptote and the
coordinates of the starting point of the curve.

b) Determine the value of ¢, when 7 =100.

¢) Find an expression for CCIZ—T .
t

d) Calculate the value of T, at the instant when the oil is cooling down at the rate
of 2°C per minute.

1=10In2~6.93], |4L = _16e™ 0|, [T =40

dt

9

@ T= o 4o &°'C
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Question 60  (¥¥¥¥)

The point P(In2,5b—3a) lies on the curve with equation

y=a+be",
where a and b are non zero constants.
The gradient at P is 8.
a) Find the value of a and the value of b .

b) Determine the exact coordinates of the point where the normal to the curve at
P crosses the x axis.

a=3, b=4|, |(88+1n2,0)

Question 61  (¥*%%¥)

Find the exact solutions of the equation

3e3 —4e>*—5¢*+2=0.
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Question 62  (¥**%¥)

A curve has equation
l 3
y:Zx —6lnx+1, x>0.

The points C and D lie on this curve, where x =4 and x =8, respectively.

Show that the gradient of the straight line segment CD is 28 —%ln 2.

proof

Question 63  (¥¥¥¥)

Find in exact simplified form the solution to the equation

2X e3x+1 — 10 .

_ —1+In10
3+In2
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Question 64  (¥¥¥¥)

Find the exact solution of the following simultaneous equations

x+e’ =1

In(x+1)°=2y=2.

e—1 ( 2 j
o= =
e+l e+1

D & RuDAS
= hef-29=2 A . areds
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Question 65  (¥¥¥¥)

Find the exact solutions of the equation

e —5¢*+3e =4,

x=In3,-1n2

2

COU A 00BIC 1) HENETIALS
— 2™ sy et aa
kiR % T ) oty Tt 8 €2
2Nl s g3 1= 4
R CaR S IR INNEE!

G e

KR A =
o TN TN P

L )= oo is by 23 4 wet e ARy

do) s adciu43 #o
)z f2-5 443 =0 L (gR) 8 4 facoR

BY (NG Dpelon) 08 ALGEREAIC WNIAAATIN Wi oeTri

| ATy - Tylge) + 3(g) =0
= G ad-n) 4o
= [l Oy =013
13K (€30)
3

%ﬁ<% w Sl

ek =
s

3

L= MY

a2 e 223

o
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Question 66  (***%¥)

Find, in exact form where appropriate, the solutions for each of the following equations.

w
e —1
| , lx=—In3|, [w=1In5|
@) TWo Stosiee Mibas
[ RS 0 - 3
W) < b FR
2 < b3 s e s
l=x = I+ | e =3
—1e g Y
Qs -y =

e

3
7 Ny

/M/E‘R-Af
b) EA W A shos euear”

e C-AN I
TS el
= €4 5 =0
= @+eDE-5)=o

g

= W= g -

A
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Question 67  (¥¥¥¥)

Show that the following simultaneous equations
e +4=x
ln(x+1) =2y-1

are satisfied by the solution pair

B Ay ShusRLE SURTITTO0

24

7= oy § 2y = 1+ h(asd)
2 < n(a-v)
Wl = i b
— ol = 1+ b
= ln(3-9) W) = 1
= h(3)=1
_, 2w
= it
— Ak = exie
= A-ex= o4
= )= est
=) A= it
~ z
< =
A

24 W (22 ) Sl el \) =l Qﬁf’/‘“e\
2y= (B2 v) = (A2 )

W LA SoWoN A QONRY T AQGMEST OF THE Localifd ™
4= k(%)
\-c

S REPIE o
-~
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Question 68  (**¥¥)

Solve the following logarithmic equation

lnx2+i:7.
Inx

[ Jlx=ee

WANIPOUTE A Rouant

= oo+ M%:?

> Q. 3 o7
BN

= 20 +3 = Tha

— 2mx)-Tlx +3 =0

Frodize THe QuideATic

= (A — V(b - 3)

= lm:<j
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Question 69  (¥*¥¥)
The value V , in £, of a computer system ¢ years after it was purchased is modelled by

the following expression

V =100+Ae %", >0,

where A and k are positive constants.

Its value after one year was £650 and after a further period of four years £350 .

Find, correct to the nearest £, the value of the system when new.

| , [£770]
-\
V= oy ASH
—r
t=l  W=eso L= V= 30
650= (o +4<" 30 = oot A
So= At 250 = ASSE
DODRG THE QUTIONS S0 &y Sipe
SeodetT g TR
20 Jee - S
= 4 22)
— k= G2 0.6z

NN A4S foumat
—_—n

=2 R
A -}
ef) =
@)= 22 A= st
Lo e
= A= soxi2 x gh9g)
AT e T

e

By we dioe
V=100 + 6618e e

w6 oo Coen)

V= loo+ 667 x <®

N~ 770
1€ j’?’ﬂ: 2
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Question 70  (¥**¥)

The curve C has equation
y=e*—4e"—16x.
a) Show that the x coordinates of the stationary points of C satisfy the equation
e*'~2e*-8=0.

b) Hence find the exact coordinates of the stationary point of C, giving the
answer in terms of In2.

[ ].](2In2,-321n2)

Question 71  (¥*%%¥)

Find, in exact form where appropriate, the solutions of the following equation

prEsdal
dx\3-¢" .
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Question 72 (¥¥¥¥)

The temperature of an oven is modelled by
6=225-200e"", 120
where @ °C is the temperature of the oven, r minutes after it was switched on.
a) State the highest temperature of the oven according to this model.
b) Determine the value of ¢+ when the oven temperature reaches 125°C.
¢) Show clearly that

49 _1 05_0),
dt 10

and hence find the rate at which the temperature of the oven is increasing when
its temperature has reached 125°C.

, 16 =225], |t =6.93|, 10°C/min

a) ey £ Recomis Uity LA L 16 £ —> o

etso

208t 50
s B 28
£ MAX TrUPERATORE (& 22°C
L’ Wi B =ng

1252 25— 2006

o

oat = W2

Jy sy

J

t = lolM2 & 693 = Tagy,

) woRk M Foumas

4 — Lol e ORI UM _AGUATIN) 7
0l < 2500 %e:Z g i

(o y
%‘% < \Lg\mfs\/hlww

A A A
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Question 73  (¥*¥¥)

yN
y=2-3e"
P
0 > x
y=l+e et

The figure above shows the graphs of

y=2-3¢* and y=l+e"+e*.

The graphs meet at the point P .

Show that the y coordinate of P is

2e?+3e +2
ez+ 3e +1

oD AR Fouow§ AL THE L (0 oRDINATE & N DEbuIgk)

© U= 2-3e™ ®© y- (1S
e

L

2 x % -
iy Yoty eve v
—= = S

= 3exe % zexé 3

s

Sy= @y)e + GUKR LR
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Question 74  (¥¥¥¥)

The functions f(x) and g(x) are defined by
f(x)=e"-3, xeR
g(x)=x+1, xeR.

a) Find an expression for f~'(x), the inverse of f(x).

b) State the domain and range of £~ (x).
¢) Solve the equation
gfg(x)=2(e-1),
giving the final answer in terms of logarithms in its simplest form.

d) Solve the equation

f(x)=In(x+3)|,

xeR, x>-3

£ (x)eR|, [x=In2[, |x=In[2+In(3+¢)]
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Question 75  (¥¥¥¥)

The number of bacteria N present in a culture at time ¢ hours, is modelled by the
equation

N=Ae", t>0.

At the instant when 7#=1n64, there are 1200 bacteria present in the culture and
bacteria are increasing at the rate of 200 bacteria per hour.

a) Find the value of A and the value of k.

The time T it takes for the bacteria to triple in number is constant.

b) Find the exact value of T .

A =600

, |k

A=

9

,|T=6In3

Q} ST BY DIFRRATIATING THE €xprecsion) et £
Ne Ak

o) VI \
Dokt a Ay

et=lnge N=poo o b lacg N

(2002 4o kbt

Wity teo | N=heo
b T ) W= 36 ()

\ +
= N=éwe® t

=6me”™
<tt

=Lt

= t= 6l _~
F
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Question 76  (*¥¥¥)
Simplify the following logarithmic expression

ln(2\/€)—lln 8 —In le ,
3 (e? 3
Liinp , where a and b are positive integers.

giving the answer in the form —
1
1. [S+m3

Mg A

In (2] - £ () (3= L3t~ (&)-3m(g) |
=4l l(ed)-hiz) - W(2)]
- Js“U” Get)s b () b (%ﬂ
=t g
= &b [2ef]
= g—ﬂh Y s )hcfj
< [ ihe]
=x[am s 5]

= W3+ L
A:s b3

Mepd B

b (2@) - £h(&)- (o) = b2 s bo@ -5 Lo b ] fink +he]
= b+ et ¥ [W-2he |- [hy +1]
= b2+ She 4T3 2a ] Lk 1]
B e T - ey
:/\‘;;{1 $- b &b
= t- bk

Y -
7 s Mens

Created by T. Madas



Created by T. Madas

Question 77  (¥¥¥¥)

Find, in exact form where appropriate, the solutions for each of the following equations.

a) In(2x)—In(x+2)=1.
v 1
b) (3e) =3

¢) e’+15=8¢".

2e 2In3
x= =757, |ly=— ,1t=In3, In5
5 e

@ bbbt (4 o
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Question 78  (¥**¥)

Solve the equation
ln(exz)lnle, x>0,

giving the answers in exact form.
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Question 79  (¥**¥)

A curve has equation
f(x)=e"+10e"-7, xeR.
a) Solve the equation f(x)=0.

b) Hence, or otherwise, solve the equation

e 2_7¢"1410=0.

,[x=In2, x=In35|, |x=In(2¢), x=1In(5¢)

PROGEED AL UMW B souok fe=o

Q)

=

= &8 T=0

= &4l 7.0
&

= E+ L2

= E*+0 -1

= E*-TE+lo =

= E-2)-

» 7
Bz s
=B

b)  Dewerrt THe SuATIoN i Fouons
= 2787 0 =0
o e
= N _2& o
(DUPADETHIY GRUATION Wit

1 yo=o [ E-TEme o]

Wz
= A-l= <
> ~ s
2
- x= <
~1elys
7~
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Question 80  (¥**%¥)

A hot metal rod is cooled down by dipping it into a large pool of water which is
maintained at constant temperature.

The temperature of the metal rod, T °C, is given by
T =20+480e™", 120,
where ¢ is time in minutes since the rod was dipped in the water.
a) State the temperature ...
i. ... of the rod before it enters the water.
ii. ... of the water.

b) Determine the value of ¢+ when the rod reaches a temperature of 260 °C.

¢) Find the value of ¢ when the rod is cooling at the rate of 0.533 °C per minute.
d) Show clearly that

ar _ —i(T—zo) :
d 10

1 = 45|

T =500|, |T,... =20, [t=6.93

9 9
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Question 81  (¥*%%¥)

The mass, M grams, of a leaf ¢ days after it was picked from a tree is given by

M=Ae™, 120
where A and k are positive constants.
When the leaf is picked its mass is 10 grams and 5 days later its mass is 5 grams.

a) Show clearly that

In2.

=

b) Find the value of ¢ that satisfies the equation

2

—=In
dt

M (\/EJ
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Question 82 (¥***4)

A scientist investigating the growth of a certain species of mushroom observes that this
mushroom grows to a height of 41 mm in 5 hours.

He decides to model the height, H mm, ¢ hours after the mushroom started forming,
by the equation

_1
H :k(l—e 12’), 120

where k is a positive constant.
a) Show that k =120, correct to three significant figures.

The equation
1y
H:k(l—e 12 ) t=0,

is to be used for the rest of this question.

b) Determine the value of + when H =90, giving the answer in the form aln2,
where a is an integer.

¢) Show clearly that

4 _yo-Lu.
dt 12

d) Hence find the value of H when the height is the mushroom is growing at the
rate of 7.5 mm per hour.

e) State the maximum height of the mushroom according to this model.

a=24], [H=30], [H__ =120

b 9
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Question 83  (***%*4)
Determine, in exact simplified form where appropriate, the solutions for each of the

following equations.
a) e™+2=3e".
b) e 2+2=3e"".

3
¢) e =3m3,
y=1, y=14+In2|, [t=

,1lx=0, x=In2|,

) LG M6l oF T APRoAGHE sl BN

Q) B €A quromaTC W €

e
S|ERE2ER

NN
€ -3 +42=0
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Question 84  (****4)

Find the solution of the following logarithmic equation

2In108—xIn48 =xIn3-8In2.
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Question 85  (***%*4)

The function f is defined as

f(x)=3-Indx, xe R, x>0

a) Determine, in exact form, the coordinates of the point where the graph of f

crosses the x axis.

Consider the following sequence of transformations 7}, 7, and T5.

nx—D sindx—2 5 Indx—5 53 _Indx

b) Describe geometrically each of the transformations 7}, 7, and 73, and hence

sketch the graph of f(x).
Indicate clearly any intersections with the coordinate axes.

The function g is defined by

¢) Show that

fe(x)=x—k—-klnk ,

where k is a positive integer.

I:I, (%e3,0) , |7} = stretch in x, scale factor % , |T, =reflection in the x-axis|,

T; = translation, "up", 4 units|, [k =2

0 w6 Y=o viess b) _scerohn & vemtng. st smae b
=0=3-lx s, 3 b f@= 3l
s a 1 G T G Tg—,,«w il |
=4d=e |r‘ % ¥ F
— x=ie | e

P A S S

. /*é
4 (¥po) Sy
S SO RCATAN)  beaccri el TeS\ATIa), aoen
SN Fcie. & T 2 4dS BY 3 onns

<) Fuksy T Coupestmon

‘?(3@7 = \thrlj
= 3o (4
I (S
S e N |

=3- -5+

= -2l
s

x -2~ 2w, e \oz////
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Question 86 (¥***4)

A curve has equation
y= e’ —e* 2% xeR.

Use differentiation to find the exact coordinates of the stationary point of the curve,
and determine its nature.

[ ], |max(2-In2.4)

Question 87  (¥***4)

Find, in exact form where appropriate, the solutions of the following equation

6e** +1=Te*.

LG DOEE B A~
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Question 88  (***%*4)

When a tree of a certain species was planted it was 2 metres in height and after 2
years its height was measured at 3.81 metres.

The height, & metres, of this tree, ¢ years after it was planted, is modelled by the
equation

h=A—-Be ™ ,
where A, B and k are positive constants.

Given that this species of tree will reach in its lifetime a maximum height of 12 metres,
find the value of # when £ =10.

t =16

9

Actbre) 018 g6’ To SoeT frou T Two GRS
Oty (teo b=2 4 =2 h-381) 1T G o Soer fund

Ui M ARG O D' = A ke b0
t

= A tooe etse

b= b gt

o teo =2
2= 12— 8e®

8-10

—2e = (o)

L= oo¥eic. . ~ol

Qn\lf'mj WE

= h= o0t
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Question 89  (¥***4)

The figure below shows the curve with equation

y=3In(Ax+B), Ax+B>0,

where A and B are positive constants.

yAN
/:Mn(AHB)

Q

[ '

The curve passes through the points P(—1,0) and Q(0,In27).

a) Find the values of A and B.
b) State the equation of the vertical asymptote to the curve.
The shaded region R is bounded by the curve and the coordinate axes.

¢) Show that the area of R is

3
—(In27-2).
2 (n27-2)
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Question 90  (F***4)

Find, in exact form where appropriate, the solutions for each of the following equations.
a) 462x+1 — e3xf4

2-242+1 _

b
) Inx

Inx

x=5+2In2|, |y=e

9

Created by T. Madas



Created by T. Madas

Question 91  (**¥%4)

The function f is defined as
fix>6—In(x+3), xe R, x>-2.

Consider the following sequence of transformations 7}, 7, and 7.
i T 13
Inx—1>In(x+3)—2>-In(x+3)—2>-In(x+3)+6.

a) Describe geometrically 7;, 7, and Ty, and hence sketch the graph of f(x).

Indicate clearly any intersections with the axes and the graph's starting point.

b) Find, in its simplest form, an expression for f -l (x), stating further the domain

and range of £~ (x).

The function g satisfies

2
g:x%ex -3, xeR.

¢) Find, in its simplest form, an expression for the composition fg(x).

, |7} = translation, "left", 3 units|, |7, = reflection about x-axis|,

T, = translation, "up", 6 units|, [(0,6—In3)], (—3+e6,0) . 1(=2,6)],

e 3+e, k<6, ()22, |fe x> 647

Q) XEWhOE 4 DESCRIBING , STHGE By STRE

Bl g e-ibus) | oo swaucn

PN

£ <
= Y= 6-Ga)
| P
ﬁ\h[w}) =629 - 9
i ey ﬁ o
T Tehesumvier A ous T oReou AT TR AGs  Tat Tty 6 ong =3I <
> A H AT R y 5 - DOMARY: <€
oy 6t 7 sy 7
SETG THE @A OF L2 o s €-WGtd) For 1 @) Touan I &@’ LIS I - {@?’;//

< Aomy me Gusosmol
0 - A
G|
= k-t
TelE T
==

0= =Gt e (26)
ey=o  o=g-liGaal

n(xsd) =5

X s

asefy e ()
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Question 92 (*¥¥*4)

Show that the value of x in the following expression

3In2
X=—
2In2-1

satisfies the logarithmic equation

X
2+log, x=2In| — |, x>0.
=2 (Ij

, |proof

e THE W6 _Bose 2 o Mg &S

|
R e M
lypa == 0T i,y T

— va - ol ()
= arlogax= 2 ()

Qo — 21’

-
- o - 2ne
- 2k~ \ne
- = 2 — |
= = 2ma

M2
Gam 0 0F THe RACTou And TIDY
= 2+ = Dk
= 3= Dol —hn

— 2 = [2m2-1]

= o - 32
2 2y~

=
7 s 2
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Question 93  (****+) non calculator
An implicit relationship between x and y is given below, in terms of a constant A .

ysec” x= A+2In(secx), 03x<%.

Given that y=2 at x=

%, show clearly that when x=—-7

N\~

y=2(8-In3).

, |proof

STACT By BRanG THe uawt of A
(F2) = 2056T = A4 2hlsecy)

2 M (==
= A ol

- 2 - )

) 5 44»;;1“&’“

- g = Atala
A= 8-z

TEWRTE WITH e VAW o A Fouyd 4 2=

— N o 8-2y 4+ Zlm‘\' N

1
o5 )

b 4 2 -
G T B-2be + 205

d
u

5 -2k « 2w ()

%

— 4y = B-2maald

= %y o= 8- 2y Fu- W3]
4y = 8- s P2 — 2hd3

- kg = b—?'u%£
= %q = 8- lg

=y = &)

=
T gy
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(kg
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Find, in its simplest form, the solution of the following equation

1
et =162

The answer must be supported by detailed workings.

9

x=1|

TAENG NATOAL LOGAUTHUL ROT SIDES
|

© T
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e
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o
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AT Re 0

S Mo
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Question 95 (**¥%4)

A population of bacteria P is growing exponentially with time ¢ and the table below
shows some of these values.

P 576 2304 a

Show clearly that a =9216.

@ IF The TR & CEING ARRETHALY WTh T | T

P= Aet ) Ak

@ LING Te fsT Vo Phes of VAWK FoM THE TARE

et ) spoack ? ) ‘
tex Pegob T zml= AGSK ] PG oRumees
auk .
= ¢ = %_L: LN A
C 53
= (’j“’
2
= X
D s Su =A™
ST = Axa
A= g

© By ™ A P owie teco

k
Po AL
P- 28X
S
P omx(e™)
P=2x S a8
P =268 x32 U
& L
P=aw G415
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Question 96  (***%*4)

Find, in exact form where appropriate, the solutions for each of the following equations.
a) e = 2x+l

b) eV+e V=4,

e4t—1

c) 1.

e2t+l

xth?z : y=%1n(2ix/§)=i‘%ln(2+\/§) =1
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Question 97  (¥***4)

The temperature 7 °Cin a warehouse is regulated by a thermostat so that when the
temperature drops to 12 °C the heating system is switched on.

It takes 10 minutes for the temperature to rise to 20 °C and at that point the thermostat
switches the heating system off. It takes 50 minutes for the temperature to drop back
down to 12 °C.

The cycle then repeats.

This is shown in the graph below, where the time ¢ is in minutes.

T
N
20
12
5 !
(0] 10 60 70 120 -

The section of the graph for which 10 <7< 60 is modelled by the equation
T=10+Ae™,10<1<60
where A and k are positive constants.

a) Find, correct to 5 significant figures, the value of A and the value of k.

[continues overleaf]
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[continued from overleaf]

The section of the graph for which 70 <t <120 is a horizontal translation of the

section of the graph for which 10<¢<60.
This section is modelled by the equation

T=10+Be™, 70<1<120
where B is a positive constant.

b) Find, to 4 significant figures, the value of B.

|A=13.797

9

k =0.032189

9

B =95.18|
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Question 98  (¥***4)

Find, in exact form if appropriate, the solutions of the following equation.

1. [r=2m2

LTS A QUIRATC |

L :
e A= e ®e Smruory

— N-Ar2zzoc

= (ArVOk-2)=o
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Question 99  (**¥*4)

A scientist is investigating the population growth of farm mice.

The number of farm mice N, ¢t months since the start of the investigation, is modelled
by the equation

d)

600
N_W, tZO

1+5e
State the number of farm mice at the start of the investigation.

Calculate the number of months that it will take the population of farm mice to
reach 455.

Show clearly that

AN _LIy-—L N2

di 4 2400

Find the value of # when the rate of growth of the population of these farm
mice is largest.

100], [t=11

t=4In5=§|

9 b 9
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Question 100  (***%4)

The populations A and P, of two bacterial cultures, ¢ hours after a certain instant, are

modelled by the following equations
1 1
P, =1600e* , P,=100e2’, te R, 1 >0.
When t =T, B contains 4800 more bacteria than P, .

a) Find, in terms of natural logarithms, the possible values of T .

At a certain time there are P extra bacteria in A compared with P, .

b) Determine the greatest value of P.

, [P =6400

T=8In2 or 4Inl12

L

Created by T. Madas



Created by T. Madas

Question 101 (**%%*4)

The function f is defined as
f(x)=In(4-2x), xe R, x<2.

a) Find in exact form the coordinates of the points where the graph of f(x)

crosses the coordinate axes.
Consider the following sequence of transformations 7}, 7, and T5.
T T, I3
Inx—1>In(x+4)—2>In(2x+4)—=2>In(-2x+4)

b) Describe geometrically the transformations 7}, 7, and 73, and hence sketch
the graph of f(x).

Indicate clearly any asymptotes and coordinates of intersections with the axes.

¢) Find, an expression for f ' (x), the inverse function of f (x).

d) State the domain and range of f~'(x).

|:|, (%,O), (0,In4)|, |T; = translation, "left", 4 units|,

T, = stretch in x, scale factor 1 , | T3 = reflection in the y-axis|,

2
() =2t [xeR], |17 (x) <2

asymptote x =2

9

Q) NG THe STAAeD NitdR B AND THE INOKSE

{e) = W(d-2)
o = lG-20

9 @)= W2, x<z
® €T 1=0 ® T Y=o
g=ld - 2lp2 o= ln(4-21)

€ = 4-20
2. (o)l
(‘"@/ 4o e
2= 3 »‘-(éfxo) h:4—eﬁ
RNE Ry

b

R
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<0y oy
ﬁmmﬂ x| L3R
e T Her 2 a<a

e
2 bowwor £6) 1 xeR
Wi oy x Loel war fy<2 S
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Question 102 (*¥%%*4)

The amount X milligrams, of an anaesthetic drug in the bloodstream of a patient, is
given by

X=De % >0

where D is the dose, in milligrams, of the anaesthetic administered and 7 is the time in
hours since the dose was administered.

A patient undergoing an operation is given an initial dose of 20 milligrams.

This patient will remain asleep if there are more than 12 milligrams of anaesthetic in
his bloodstream.

a) Show that one hour later X =16.37, correct to two decimal places.

b) Show, by calculation, that two hours after the initial dose was administered, the
patient should still be asleep.

Two hours after the initial dose was administered a further dose of 10 milligrams is
given to the patient.

¢) Find the amount of the anaesthetic in the patient’s bloodstream one hour after
the second dose is given.

No more anaesthetic is given and the operation lasts for 4 hours.

d) Show by solving a relevant equation that the patient should “wake up”
approximately 80 minutes after the end of his operation.

X =19.16

b
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Question 103 (¥**%4)

The temperature, € °C, of an oven ¢ minutes after it was switched on is given by

6=300-280e %", 1>0.
a) State the initial temperature of the oven.
b) Find the value of ¢+ when the temperature of the oven ...
i. ... reaches 160 °C.
il. ... 1sincreasing at the rate of 4 °C per minute.
¢) Determine, with justification, the maximum temperature this oven can reach.

The temperature 8 °C of a different oven ¢ minutes after it was switched on is
modelled by a similar equation

0 =250-230e %", t>0.

d) Assuming that both ovens are switched on at the same time find the time when
both ovens will have the same temperature since they were switched on.

, [20°C], |20In2 =13.86

|20 (Z)=25.06/, [300°C], |201n(22) =30.52

S - Z8OX —

@ Yoo
K- 280K +230 =0 St

SX— BX+ B = O

(BX=m3)x-1)=0
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Question 104  (*k#*)
The population P of seals on an island obeys the equation

=———5-, 120,
1+keO.25t

P

where k is a positive constant and ¢ is the time, in years, measured from a certain

instant.
Initially there were 175 seals on the island.
a) Find, showing a detailed method, ...

i. ... the value of # when the number of seals reaches 560.

il. ... the long term prospects of the population of these seals.

b) Show further that

dP _ P(800-P)
dt 3200

t=8.48

b 9
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(*****)

Question 105
Find, in exact form where appropriate, the solutions for each of the following equations.

a) In(x+1)=2+In(3x).

8e”

Created by T. Madas
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Question 106  (#**%*)

Solve the following logarithmic equation.

11 1 1 1
In| ——— |-1=In| —+—+—|,
12 3x2 12 4x 62>

giving the value of x in exact form.

] =1

i iPouse BiE oS T bameron!
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Question 107  (¥**%*)
On the 1% January 2000 a rare stamp was purchased at an auction for £16000 and by
the 1% January 2010 its value was four times as large as its purchase price.

The future value of this stamp, £V, ¢ years after the 1% January 2000 is modelled by

the equation

V=Ae’" >0,

where A and p are positive constants.

On the 1* January 1990 a different stamp was purchased for £2.

The future value of this stamp, £U , ¢ years after the 1% January 1990 is modelled by

the equation

U=Bel >0,

where B is a positive constant.

Determine the year, during which the two stamps will achieve the same value,

according to their modelling equations.

| , [2044]
oo A THe Fut Sowip. 5 Gueogfil _ (Zh)e
V= A’ teo Velhomo  (vene o) > o Sk | R
i o' 3 | o
Tzl V- A (renl-20) ia P QQ‘“MX < we _ e@m){
e of B 2
o looo= Ae » Soon = oooe T _ Lokt Wk adE
oo = Ax( 4= > @& éﬂ, HeE = (o)
A = leooo = Ly 2,
P ot = %Oxigx# _ L3
ook, AT e scoonn Srt{tP e i
. 20k =5 o0 x2% = ofF j te
U= Be’ o Tz (v o) w Dt & 2
= > 2 =2
U= Be
o THOG- 1068 (it aee)
o e 0 MO BRE)
2, .
5 1 /o ¥h
Yoo e = oo = W(@%
) 218 s ol Dol
Ve i{moe( t T2 2 Gt 5 bxoo = Lele
Ch st o 200 Ce sz fou li0) = ()t = hamo
— t. Shawo Slhernin
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" (Zn2)e-10) T_ o dbhalt
N lioeo (B0 T- 24 ;s i
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> oo emm{t o _ ue\gnz}t
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Question 108 (#¥***)

Use algebra, to solve the following equation.

ef+e ™ =e +1.

,1x=0, x=1

Pooute T A A quAdATic ) e

o i
= €% = exl
= S +E = el
=
2
= @) te = )
2
= € - (et)e +e=0

BY_THE QORDDATIC RQUALA O OMUETING TE Spunet

M a 2 N
et Tl (et e -
= (=] - e e
~ s -
= [ e~ ?*41%,;‘ re =0

= [¢-=7 = jzf:cﬂ @

[Fa W] 2
=3 & EE s Exeyicle

Le- 51 .
- [e-s] - oo
o [e-wT - e

= o |

- [e-=1- 25
= <= =

e
< = <
e . i
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Question 109  (#¥*%*)
It is given that

y :21n(ex+1)—ln(ex—1), xeR.

Express x in terms of y.

[ len[%ey(li\/l—Se_y)—l}

Ploceed 48 Rououxg
= 4= (€)= (e)
> g= hEny-hE
[Py
< | Eik%\}
- 3§ "S5
—_ s €2
e
o SR = @t

= o= S -ddetn

= P Ee-9) r ) =0

R T i BounA oR By COMAETY( THE SQnd
= & *(Zfeﬂt/\J(lfr!)l»ux\x(e’tu
e

= &= S s JFE v
S

e
- &= -2 2P e’
B
& 2o x S _ge?
- <= {
z
- @ = SEliTee]-2

2
F— feﬂ[\b)t—sefjj

- a <hfpeledel] A

Question 110  (F*¥%¥)

Given that x = %(ey —e Y ) show that

yzln(x+\/x2+1).

proof
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Question 111 (¥¥%%*)

Solve the following equation

e™ +16° 4+e

(4e)"  2ve’

1. [x=+1

c. 4.5 52
= | 4- i%—l =
L™ 4ot
S T
L= et |
— 6 - ke o

2 4oL

(rie) £ (e-w)

del
 ee9elemn) 2
= Y= 4et T 4e!
~ Cr)~(e-w _ 8
4ot deR

@ ReeQun: THE SOBSTTOTIONS, 0 GAGH oF THE Tooo SoUSTIoNS

NE

<
] = b2+ he®

= -4

G
. | =20l 40-21]
1= Wy] ‘7) afi- =4 (-]
1

!
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Question 112 (#¥%%*)

It is given that 210 s approximately 1000.

a) Given further that In2 is approximately 0.7, find the approximate value of

. . a P
In10, giving the answer in the form 3’ where a and b are positive integers.

b) Given further that e’ is approximately 20, show that the approximate value of

9
In2 is 3

SSTEN

[ ], |inlo=

o Gl =07 A 2°% looo

= = o e 2% loco
Tt = W2 hioo
= o = i
= o2 & 3mlp
=)~ 3w
T 2 3w

o~ % /

b Guel e ap 2o

o 2
= 2« looo 4 — € xzo
. 2
&t — € 2xp
3
e a bario)

= 2% higt -
— ol & 2kl = 3xlaswp
= {= 3 +3ho

= Qw32+ Aok2

B2 ~q

= I %/
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Question 113 (##*%*)

Show that the expression

X+

e*+1Ine

simplifies to e—e>**.

Question 114 (F*¥%¥)

Find, in exact form, the solutions of the following equation

_ 7
Lﬂxzmnx)zzo.

[ T |x=ee e

MANPOATE TO A PoyNoMiAL EOATIoN N [na

= 2T (oo

7 - 2M2a
. 2-Ta 2o
Op S, Elati=o Nucney e EqusTo
THoouaet 37 7-24
2-7Ta 4 4 (7-24) =0

= 2-Ta +7*-2d=o
= 2T eTa-2 =0
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—az | 2 WeB 220

B oo dwomion  (a-) I8 4 Factop o NANIULATIN

=" 2d(a-) - Safe-1) 4 20=1) = o

= @M saia) =o

— (-0 —1)a- 2) =0

P
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et
s

o
i
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N
yo, e @
)

Created by T. Madas



Created by T. Madas

Question 115  (¥¥%%¥)

Solve the following equation

e4(x+l)2

1 ) ezx2+4x+3
e :

=lne_e+(l+

Question 116 (F*%%¥)

_t
y=16¢ 3"% teR.

Show clearly that when =10, y= Ja
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Question 117 (¥¥*%%*)

Solve the following simultaneous equations.

(2x)"*=(3y)" and 3" =

Created by T. Madas

21Hy .

1 [x=3 =]
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Question 118 (#¥*%*)

A function f is defined as

f(x)=e+b, -In2<x<In2,
where a and b are positive constants.
It is given that f (ln (%)) = % .

a) Show clearly that

It is further given that

f(f3)-5-

b) Find the value of a and the value of b .

L |.la=2, b=1
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Question 119 (¥#%%%)

A curve has equation
X %x
y=e +2e? .

Find a simplified expression for % in terms of y.
X

[ |2 — 1y = T = (y+1) = (y+1)?

dx

DIFCESTADRG S SRAGIT Bewred
Y= v 2t
du

Boo

Now Procen AL bumat

MANPOUETE THE GuaTion) Guie)

x
y);tﬁ?ah

Yy = Sy 2ePu
1y = (e
b ren

%y = xgn

oL

T y>o
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- £
ol

TP )

o G- ot

=
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Question 120  (¥##%%)
Find in exact form the solution of the following equation.

2
, xeR.

x+1

62_63)6_1 — —-
€

l:l, x=%ln(l+e_2)

ity
— &
= S = (&
= Gz
= S-S - <
s
S e
o) e
— et <) e

Now The LS Hied A DIFFEesICE of Sgoness

X =y
= € 0-M ) = 1P

R

As th\fo

= e
E

=

) \-é:e

= = (-

= 2= 4h(-é)

=
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Question 121

(*****)

f(x)E(2+e)(2e)x_1 — 2l 4x_%, xeR.

a) Find in exact simplified form the solution of the equation f(x)=0.

b) Determine, in terms of In2, the two solutions of the equation f (x)=1.

_In(2+e)

1 In2

" 1+In2

xX= X=—
1+In2 1+In2

{0)= (28] Cera)- &7 7%

1) =0
'y &L B~{- 3~
= &) ey - e 4 LS
o S
= Qe) (ew) = &7« L:/Z)1 B

T e -
= AV xeklery) =
2 e
e aa
o
A
Thezs
=
= et = e xd
x
= e+2 = (@e)
x
= Wex) = b2
-
= (ea2) = allee)
c
- 3= e g
In(29)
oe
n (-
pe nl4e
[E30)
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Question 122 (#¥*%*)

The distinct points A and B lie on the curve with equation
In(x+y) =Inx + Iny, xe(0,0), ye(0,0).

a) Determine possible coordinates for A and B, further verifying that these
coordinates indeed satisfy the above given equation.

b) Sketch the curve, showing clearly all the relevant details.

1 [o+4].
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Question 123 (#¥*%*)

Cl Ay

18

=V

Two exponential curves, C; and C,, intersect at the point P(In8,6).

e (, meets the y axis at (0,18) and the straight line with equation y=2 is an
asymptote to Cj.

® C, meets the y axis at (0,2) and the straight line with equation y =10 is an
asymptote to C,.

Show that at P, C; and Cj cross each other at an acute angle of arctan(3—3) .
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Question 124  (¥*¥*%)

Solve the following equation.

3ez(x+1)—(2e)x(e4+ 9)+3ez><4x , xeR.

Give the two solutions of the equation in the form x=%*A , where A is in the form
a—In3

———, where a and b are positive integers.
b—In2

—— N~ — . ;
2@ x TIOY e RHS HOT
e - @) (et 9) . 7
X Ghaay® Lo is
et et

£33 W =0

20 2\
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2 e 18
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o
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Question 125  (¥*¥#%)

Solve the following equation.

(1+e_2)(ez)xz_4x+5 = ez+e4(x_2)2 , xeR.
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Question 126 (¥**%*)

The positive solution of the quadratic equation x?—x—1=0 is denoted by ¢, and is
commonly known as the golden section or golden number.

Show, with a detailed method, that the real solution of the following exponential
equation

oY +12* = 16",
can be written in the form

In(p-1)
In3—In4’

Lol ot o ARl © et o
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Question 127  (¥*¥*¥)

The product operator H, is defined as
k
I I [l/ll] = MIXM2XM3XM4X...XMk_1XMk.
i=1
Given that e is Euler’s number, use a detailed method to find the exact value of

o (2%
I I (2r+1\)/g

r=1

=
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2 e 4 =1
W A A gel e,
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Question 128  (##***)

The distinct points A and B lie on the curve with equation

In(x—y) =Inx + Iny, xe(0,0), ye(0,0).

a) Determine possible coordinates for A and B, further verifying that these
coordinates indeed satisfy the above given equation.

b) Sketch the curve, showing clearly all the relevant details.
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